(RQW SQ)m,ma_‘)L The probalbilistic natuse of McShane’s T dentity « planas
- Twe cod.u\.% o} simplo Qoopz. F. Labousie , 3P Tan

Doy 1 (40/411/2020)
e Intro duckon®

Pz e Mot el

1 -4
~ < P 4 ye® T
LYlet,

3= ‘?nnce -punctuned Yo = QUL geodesic n O],
pue \J
10 > torgitv 0f Vg Using o
t = Eso\-op% clogces of ‘ 3 %meh:ﬁ. Q. “a
gimple “cloged acwdﬂmcs\’%



Pr’oog c T‘P‘D difLexrent oppSwoch es (Mohvation for L—T)

Mc Shane <Ge,or\'\2\1’% > dynamics, Meoduie.) *

— Toke o forobald 4, of fargity 1.

— Define X:zi(fu,@e'rig\ti‘fivn,g {-L'Cv) !&

— Xaofy =) =vl(x)=4 .

— Define Z::i\?é)(} ZOEEIEE G
aDeh  Raginfinte

o'oY =

— Elaments 0} X-2Z (B, 6 7) canis




o2
Twm (Birman-Senied) Ona Auypen bolic manifold H, ld Gi be+te Fumiy
geodesicd whitin os etk clofed and smooth o open infinite Qa-n% .
ond Aone ok most & >0 Buansvensald eel) - inten Secions.
Then U Y e nowhese dense wn M.
YE Gk

= Z fhos meoswwO.

l—:"nao_n_;d, paskibion e gek X-Z into Xp's wWhoae P ison emboedded
PN of ponts.

4
A = vell(x-2) = Z Vol (Xp) = T _
?ep P iy L07)




Bowdita (Representations, Masukoff maps, > gl oS a valont ’maas)

— A medvic on S @[] where §:TMiS —> LR folonomy seprarentakion with
<°~)b> -& Ea)b] ="'2 .

- Q) = 2vecnsh (D)
2

-e= %isodh Q.C.C,} = QU %oo}

— = : Regulon bue. , bivalert, >

= S oneded components
- ieP nore i

= EEE R SR

N

—



Around eacn 9,

X
YN s 4z = wgz
X
z =2+w.
2 W >—<y "

e Givenn [£1€ T@en(s), define d: 2L —>C, X+ T(f@)
e

o Moskoff mops: & 0 —>C soksyng 9
e (X)=w

@ o depends ootﬁa
Then @ is Moskoff (usng trace relakione) Yo OV
« NP2 since.
{(xXDis fyp.

whexa.

- Reformullabion of fa Tdenby: T R(PCD) =
e

No|t-



2) The probabilistic intonpretation of MeShane's Tdenhly (Labousie ,Tan)

Tdeo: To measwa Hne Ws swloked %o o vrooled planas tsea T
p—— ——— v —

Approach 1 Approach 2
McShane's Idex\l-,ihé foa an osuantolole sustfoce usttth quwd § 24 and exacmd one ausp:

i
= =4 whesa P = emoedded 1-cuep paist of pants P
Peo el(aP)lz +1 Wit 2P an dauot'\ ved simple cﬂosadaaod
||r

"~ OLCOUNS

tenproted 0S foud:

?Po\oabll.i\-a

MRASUHAL -



USQ.*
V(T), E(T
T) Csu ecl%zsgb

swot VYo

— Tpivalent except at v, ' Nos L

T %n---, u edges ot v,
. .
— Oriented edgeet ECD. i po\‘n&ina awoy frem ihe root > 2 - +ve or

Oriant g 20e ed.ﬂqs Pesibtveﬂ:a. -2 - —Veor
— d(9%,2) 1= d(%,nmdof ) , o€ ECT)
Yo
— Spheres + sy o\
N
— Nokion 0-(‘- M‘\}Qﬂdﬁlﬂ”\t e_d%as . ‘Q_: POS'&\'\IG- C“e,) L 7R> '\'\'Q,o-éj

L onao:
LEY SN RE) el



Space of embedded Pa,{-he\

Y= 8poae of infinite emiedded
Po.*\ns nT,

?i infinite Segquances og L,R
with  base edga of 3

Rational paths ::{wen% }

Trerationol pothg := ?\ Ko bional PO:\:V\Q

Tdea o L-T : Meoeude 4he rational podf of o Pastheulod tree
{Shoco thot e measua ¢ isoudional paktas is O (Birmaun So.rsias)



Comp\emo,nto.v% reQONS : Embed +he tree on +he plane
5 N

(olso denced by ‘e')

Re =1"Re; e =R"LE)



Tre vemo.ix\if\é comp. sQKONS o ..

0 'DQX\O‘de bg.ﬁ: CQ,:’ Q:-\-i)
.28 = L"eg uR"ey,

(e V4

a4 aRe



Hostmonic.  4-Zosum
@ : EC‘V)—> R soksfying €03 @C—-E) =— @(—é) VEGEQ’D
: B $E)=P(L@)) +B(RE))

SE = NG 2

\ﬁ)

k&)

Gireen's foemula | = P() =38 ‘= Z@C&D

_eS Cﬂ) [~} GSC‘L)



Ho&mmic MNROSUHZ. Lot @ o a ‘Q‘O-‘M\‘\or\xc. :(_ggxm et
@CQ) S o uwhenevest © positive .
Deline ﬂ@ {— R
£ —> Um @(‘Hn(-@))

No0o

T (B)— the Ve edge affestife n-#h elep € SN

G\QP @) = ‘ié'. (KB e) + py BReY)

Jrum 4 pa G“‘P@Q’- 396
L e.é_j)_ - Q)WWQ&MPQ} ?O\fx‘

Error($):=3% —‘Q§S§0\Pé @) 5 recsune o} e ool
Potfhc.




