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• Introduction :

1) Recap on McShane's Identity-me
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-

- E .

S= Once -punctured 2g → unique geodesic
inA]
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tonus
log) → length of Vg using the

e = isotopy classes of hypmetric of S .

simple closed geodesicsVg



Proof : T.wodifferentap-proahe.SCMotivation for L -T)

McShane (Geometry , dynamics, measure)
.
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- X eh ⇒ echr) =volCx>=L .

- Define z :={vex , every geoda
st

aco) Eh has infinite
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- Elements of X-z : Ch , any pants

and felt }
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inman ona hyperbolic manifold M, let GK be the family of
geodesics which are either closed and smooth or open infinite length,
and have at most k so transversal self - intersections .€en #Gav is nowhere dense in M .

⇒ Z has measure 0 .

Finally , partition the set X-Z into Xp 's where Pisan embedded

pain of pants .

I = Vol (x-2) = E Vol (Xp) = Etc .
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Bowditch (Representations, Markoff maps, regular trivalent trees)

- A metric on S : [f] where f : Tq,s→ PSLIR holonorny representation with

<a,by toe [Asb] = - 2
.

- e = aakash ( trash)
- e= { iso Is s . c - c } I ④ U ga}

- E : Regular tree , trivalent↳ Ht
.
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• Markoff maps : to :S→① satisfying y _§z
Around each 0 ,

( X ) :=x n'+yIz2= xyz

2) w)←¥z ny=ztw .

• Given ESTE TeichCS) , define 01 : D→ ①
,
X ↳ trffcx))

112 d

E • depends only
on the conjugacyThen 0 is Markoff (using trace relations) class .

• n >2 since

f is hyp .

• Reformulation of the Identity : Ehr CX) ) =L where
XESL

he :(2, a) → Be

no ECI - FED



2) The probabilistic interpretation of McShane's Identity (Labowie , Tan)

Idea : To measure the appropriate sets related to a rooted planar tree T
= - -

Approach I Approach 2

McShane 's Identity for an orientable surface with genus g 31 and exactly one cusp :

peep e.ec/p#+z
= 1 where D= embedded 1- cusp pair of pants p

with a p an oriented simple closedgood.-

d

LN accounts
for I

interpreted as

probability ##¥Q s
measure



The Planar Tree
vertex
set
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- Trivalent except at Oo i

- e
, , . . . , en edges at Oo

.

- oriented edgset ECT) : if pointing away from the root ) £ → +ve on

Orient all the edges positively . -E → - ve on

- d(ooie) : = d (Oo , head of E) ,
EE ECT)

- spheres : SCI) %°n

- Notion of left and night edges : f £ positive
•
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Space of embedded paths

D= space of infinite embedded Oo

paths in T. et en

= { infinite sequences of L, R
et
ez

-
-
'

with base edge ei } T

Rational paths :={eventually
constant seeps}

Irrational paths := Pl Rational paths

Idea of L- T : measure the national paths of a particular tree
{ Show that the measure of irrational paths is 0 (Binman series)



complementaryregions-o.fmbed the tree on the plane
r I kno
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The remaining comp . regions o . .
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Haeemonictformcf: E-CT)- R satisfying a) OIGI) = - IO Te) t EEE

{
b) to =oICLceDtE(RED

sas : #t÷ ¥5:c.
Green 's formula : Egan,OI (E) =3 := I (e)
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Haeemonicmeaswee-l.at OI be a harmonic I-form sit

E- (E) So whenever E positive .

Define Mq : P- IR

p ↳ nuns ⑤ (Tn (f ))

Tn (8)→ the eve edge after the n-th step

Gap CE) : = Iz (MoCa
-
e ) t Moi Carey

[hm#¥⇒s20 measure of the rat . paths

Enron (E ) :=3 OI - £sGap§ CE) → measure of the iooat
paths .
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